1. Introduction. Let f(x) be a function of class C 00 on a^xSb.
At each point x of [a, ô] we form the formal Taylor series oîf(x), is analytic in [a, b] .
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However, Pringsheim's proof of the theorem is not rigorous. The purpose of this note is to establish this theorem, and, in connection with the proof, a companion theorem of considerable interest in itself. THEOREM B. If p(x) [a, j3] . The same reasoning applies to any sub-interval of [a, b] -[a, /?]; thus in any sub-interval there is a further sub-interval in which f(x) is analytic. The points at which f(x) is not analytic thus form a nowhere dense set, which is obviously closed.
3. Proof of Theorem A. Assume the theorem false; we shall obtain a contradiction. We have, then, a non-empty set H of points where f (x) is not analytic, and by Theorem B, üis closed and nowhere dense.
We first show that H is perfect. Suppose that H contained an isolated point X. The function f(x) is continuous with all derivatives at X\ f(x) is analytic in each of the intervals X -h<x<X
and X<x<X-\-h, for some A>0, and can be extended analytically across the point X in both directions. It follows immediately that ƒ(x) is analytic at X, so that X is not a singular point. H being perfect, from now on we shall confine our attention to an interval [ai, b\\ such that b\ -ai<5/4 and [ai, bi] contains a perfect subset E of H.
Since by hypothesis Let E k be the set of points of E for which N x = k. By the lemma, there exist a sub-interval [a, ]8] and a value &o of & such that Efco is dense in E- [a, ft] . For x in E& 0 -[a, ]8], (2) holds for n^ko. For x in (E -E ko ) ' [a, j8] , (2) holds for n^k 0 , by continuity. Thus (2) holds uniformly for # in E • [a, /3], n ^ ^o-
